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where $h^{0}(L)=\dim H^{0}(L)$ , and $K_{X}$ is the canonical divisor of $X$ .
In this report, we will state some recent results about the sectional genus of quasi-polarized manifolds, and we will propose some conjectures and problems.
The following results are known for the fundamental properties of the sectional genus;
(1) The value of $g(L)$ is a non-negative integer. (Fujita [Fj1] , Ionescu [I] $)$ (2) There exists a classification of polarized manifolds (X,
with the sectional genus $g(L)\leq 2$ . (Fujita [Fjl] , [Fj2] , Ionescu [I] , Beltrametti-Lanteri-Palleschi [BLP] , e.t.c.) Here we give the definition of a scroll over a variety.
Definition. Let (
(5) $\dim$ Bs $|L|\leq 1$ (For the case in which $\dim$ Bs $|L|\leq 0$ , see [Fk6] , and for the case in which $\dim$ Bs $|L|=1$ , this result is unpublished). So our first goal is to prove that this conjecture is true if $n=2$ , $\kappa(X)=2$ , and $h^{0}(L)=0$ .
Here we give some comments about Conjecture 1. First, for a polarized surface $(\mathrm{X},\mathrm{L})$ with $\kappa(X)\geq 0$ we explain a relation between the value of $g(L)-q(x)$ and the type of divisor $D\in|L|$ . Let 
Proof. See [Fk5] .
By this theorem, if the value of $g(L)-q(X)$ is small, then the singularities of $\mathrm{S}\mathrm{u}\mathrm{p}\mathrm{P}^{D}$ is simple. When we use this theorem, it is important to know the classification of polarized surfaces $(S, L)$ with $g(L)=q(S)$ .
Remark. If $\kappa(X)\geq 0$ and an irreducible reduced curve $C\in|L|$ has a singularity, then $\overline{L}$ is ample because $g(L)>q(S)$ in this case (see [Fkl] and [Fk2] ). Remark. In each cases, the irregularity of $X$ is zero. Hence we get $g(L)=2$ . Therefore we obtain an explicit classification of (X, In the end we check these cases in detail, and we obtain the result.
Next we consider the case where $\dim X\geq 3$ . In particular, we mainly consider the case in which Bs $|L|=\emptyset$ . Then we get the following results; Let (X, $L$ ) be a polarized manifold such that
is a scroll over a smooth curve. [FI] .
In the end, we propose a problem which is induced from Main Theorem 1.
Problem 2. Classify $n$ -dimensional polarized manifolds with $g(L)=$ $q(X)+m$ and $h^{0}(L)\geq n+m$ .
If Bs $|L|=\emptyset,$ $n\geq 3$ , and $m\geq 0$ , then we can get a classification of these polarized manifolds. We will report this in a future paper.
